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I-N

7= dimm- o(e?™J)

where [ :=|Z§ N[HE, HY|

and o(e?™) depend genuinely on the group,

while N and dimm depend on the algebra
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Theorem (Cayley correspondence)

Let G be a simple Hermitian group of tube type and H be a
maximal compact subgroup. Let H* be the non-compact dual of H
in HC. Let J be the element in the centre of the Lie algebra g
giving the almost complex structure on m. If the order of

e?™ ¢ HC divides (2g — 2), then there is an injection of complex
algebraic varieties

Mmax(G) = My2(H").

Moreover, stable G-Higgs bundles correspond to stable K?-twisted
H*-Higgs pairs.
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Main novelties of our approach:

» General proof using the Jordan algebra structure of m™* and
the geometry of the Hermitian symmetric space.

» Extension to exceptional groups, quotients and coverings.
> Role played by invariants of the group , e.g., o(e?™).
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Theorem

Let G be a simple Hermitian group of non-tube type and let H be
its maximal compact subgroup. Then, there are no stable G-Higgs
bundles with maximal Toledo invariant. In fact, every polystable
maximal G-Higgs bundle reduces to a stable Ng(g1)o-Higgs
bundle, where Ng(gT)o is the identity component of the
normalizer of g1 in G.
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